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: i1—tanx, ) £ e .y
(ll)f0 ml%—tan:rdx' (12)[_% [ osin xdz.
T
tcos ot 1
5. % I(x) = j_] -—dz,,k ICo) #[ 5 2] FRIMRAE.

6. SR y — L (1 4+ Darctan 1dz {9 /M.
7. qzmﬁyzf =2 d (x> 0) MBI

8, REMy = | —L —dr 5[ 1.1] FHyR

Ry = || i ] fh
J.r xln (1 —ax)dr

9. ELIlim ~—————— = 1K«

10. & f(o) fE[a.b] Al 8,3k
j'xf "(a+ (b—a)z)dx.

11. #lim dt = 4.,3K a,b.

=0 BT — SIn TJ /—
12, % 2(2) =f’ | r—t ] fOdXE £ E[a,b] 5,5k

g ().
13. XDy =18—a,2a=0,y= 2,2 =25 B, HL
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MN Wt &S vy SES R v = 2t 04 FATH8h. f
MN £t D fE8 53 KR T AR S s it [a) ¢ (Y eR %L

1 SREBAIZ v — ot SR A2, 1) b0 B L

16} FH. _

15. %R p=/3sin O8O Z o = 14 cos 04> BN FTER 43 - oKX
R 5B 4 ) 1T A

16. KAIRT p=VBcos 8 (0<O< ) FrEIKIRAITAL

17. RIAVRHEE p = a(l +cos 8) 5 p = 3acos 0 ff [l X B4 1)
151520

18. WEREL f(o) TElab] EAT R, £/ () > 0, RiEAF1EME—/)
¢e (a.b) . fli1g y = f()yxr = a,y = (& FrEXEH@mA%ET
y=f(2),x = b,y = f(& FTEX MR 3 fi5.

19. SRy = asinry = (0<x<5) FIEEBIESL

K EIE LS « e — 8 B HE s R IR BL

20. SRMi(x —2)" 4 y* = 1 FREM X IREGE y Phiess — 8 ek
R

2. R v=¢"o2 = 0.y = 0.2 = | FTEIX KL v Bt —JE
P e & A A R

22. Ry=V1+2 52r=0,2r=1,y=0 FEKXHL y il
T — JR R e 2 A A L.

23, Kax=Vi—y.r= V4 2y,r=0FE VXl R
R,

24, SKADIEE p = 1+ cos 0 548 brih BT BB A5 — S BR A9 3 401
58 x WHER; — 8 T 15 e (R AR

25, KA ay® = (@ > 0)vaxr =a,y = 0 FTEFHE XL «+ =
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BTERE I —

a JEfs— R BEr R IR L.

26 #y=1—[ e’ dt (| x |g‘/§) A28 o R —

/%ngvgﬁm

SRR VLORIE

27. K y=Insinx (% <
28. RTINS

(1)J
(3)[

'J_rln x

2)?

' Y dr;

29, ¥U%IJT§UﬁXﬂ%Bﬁﬁtﬁtﬁz

(I)J. J—

(3) f —1__

dz;
e VInx

30. VHEFHI SRR 4 B -

(D f —a—i}—?d:;
" xfarctan x
34 dr(A =

|
(5 Jn.r”_](] — )" 'n xdr;

(3
o

31, RFAN X5
n J.ﬂ’e"’r%dr;

<3>[

l—x

é%) I,

(2) J-:me_ x"dx

(4) J:& min(e‘*, )d_r

N|r—~—l

xsmx

(2)J
01’-511‘1.1"

(4) JO cos (z%)dx.

[
o sin*x « cos* x
(4) j*ﬁ L 4
o 2PIn'(14+2)

1
(6)[
0

Inx

(1—22)*(tan %nﬁ

(2) r’},— dr

(4) J"sin'%dz.
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S
2 @ B AT JUAT

5.1 EXIREABRE

1) SHERHLIRR

MARIE A, AR HRE , A BRI, EhRR L 2 I ARR. AR AR, —
T AR T AR BT L A B BT B X R A A0 AR A

2) " MEBHERER

) B ZE LA oA R . ¥ a = PQ PO BT e R &
PHESO EE 545 QBEM 4, WPQ = OV, % & M ki
K Maysaz,a3) W a = OM = (ay,a2,a;) (B {aysassas}) R FR
S 1k (4 Ak b s 2. BR

i = (1,0,0), j = (0,1,0), k = (0,0,1)

o e ) k. i) B RS T A SO (8 A 9K

|a|= Vai+a}+ai,
cos @ = 5‘: |
3) " mERREEMEEER
AN D IR M AT ATE BN, A EPAR(LHRERE
BO EX R

T%Z*T, cos Y = 43

lal

, cos 3=

ab=|al|lb]cosa,b.
ERFERRN
a-b=|a| Prib=|b]| Prja.
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i) & SR CUFR D 8 SCH
axb=|al|b|sin (ab,
XH " RFEEE Ta,bRRAIE, Ha b, HEAFR. Mita
5 b MR E T LA a . b R B AT UE B AR,
& BRE A FRE X
la,b,c] =a-(bxec).
i a.b,c BIRABILIHES T a byc ARETAT/N ERAI K

fln\.
iﬁa = (al sazsaz) b= (b] by 91’33)9(: = (CI 1 C2 9C3)!/1 & Rs'j!U;ﬁ
A bR EA R

ai—b: (a, i—b],ag 1—6290.3 i‘bs);
)a 2(11(1[,11(1.2,/1013)3
a+b=ab +ab, +azby;

a; dj a; ay ay dz
a < b = L] L] H
bz b3 b;; bl bl bz
ay dp dz

la.byc] = |by b, byl ;
¢ G 3

a | b=a-«b=0;
a//b=axb=0;

@ _ 4 &

by by by’
a,b.c it =[a.b,c] = 0.
4) ' BEFEMNHE
(1 gk, S (o s yo s 20) BRI n = (AL B,O) BE
FN

==1

Alx — ) +B(y—y,) +C(z—=z,) = 0.
(2) — s, P ) — MU R
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Ar +By +Cz+D =0,
KEAB,CAELR0. D=0, ixFEEFES; HA,.B,CHhH—
A 0 %V B TR AR 4 AL B, CPAERNHR 0B %
FERFAT TRARPRF AL 2y F I yz T 22 F TR 58 2
=0, r =0Ffly=0.

(3) BIER. 7E = 8.y B, 2 B BB 29 M e, b.c (abe £ 0)
(K- T R N

St +==1
a 2 c

(D) =g IAE—FELE EH =8 (232105 (22032522
(x3,y3523) BIFTH T FER
r—x N—y z—z
Tz —x1 Y2~y —x | =0.
X3 — T Y3 —Y 23—2)
5) " ZEEZMFE
(D sama B8 (o y0020) s HA RN 1 = (m,n, p) WEH
KRR

m n P
(2) — .
Alx+By+Cz+ D, =0,
Arx+Byy+Cox+ D, =0,
BV ELZ% O T A Y 1 Y 3 2R,
(3) P B P (30 2) 2 (220300 22) BIEHERFR N
LT0 _YTN AL
Ty — T Y — MW <z T X
(1) ZHA.

X=To+myy=y,+ntsz=2z,+ pt,
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X HBBL (2030020 NHEK 8.1 = (m,n,p) HHEN
77 1) ) &

6) TESFmAXE

WAL 5 I, WER &SR = (ALBL,C)wn, =
(Az,B;,Cy)

1 B cl
m /I, e «%:B_;:CE'
m1lim o AA+BB +CC, =0.
7) ARE5HELMNXER
REELL S L. 9 FmmEsyR L = (mysn . p)sl; =

(mz + M2 9p2),l)—1|j
L /L, & ™M _n_B2

mo ny P
Li | L, © mm+mn+ prps = 0.
L 5L, 3@ < [L,L, P/P,] =0,
X8 PP, ﬁ“%‘]j’ﬂ L, 5L, FHRANE AL
8) B 5 TEMXF
BHZ L BJimE iRl = Gn,n, p) P TR T n =
(A,B,O), U
Lyn & An+Bn+Cp =0.

m_n_p
Linme »=5=5

9) " REITH(NEL) WEBSREESZMNIERS
(1) B (xoyy0520) Bl Ar +By +Ce +D = 0 fBE B K
d — | Ary + By, +Czo + D |
JARLB
() WHKR L s P, HHrmm R LS MBI ESL L fiE
E=%)
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| PM x|
d= (1 .

(3) WHZ L A6 P  Hormim it Ay 1, B2 L, il Poy K7

MmN L, L, 5 L, B AELKK) K
d = P PiPy | = LB b

XH =1 XI,.

10) FEEES

Wi e

Ayr+ B y+Cz+D, =0,
Arx+B,y+Coz+ D, =0

R R

Alx+By+Cz+D +A A+ B,y+Coz+D,) =0,
XA NSELATLL - oo,

11) A EPEE

(D =S — BRI Fla,y,2) = 0(EREIER) 5
z = f(x,y) (B PREOE).

(2) * BKU. BRm 7B H— IR

L+ 422 4 2ax +2by +2cx +d = 0,
eI R
(r—a) +(y—b)¥ 4+ (z—0c)* = R?,

BERL(a,b,0) HERL, LR 2R

(3) . W Fla,y) = 0,8 G(y,2) = 0,8 H(z,x) = 0 ]
HBRRRFRR AT TSR 00 = B 85 v B B9AE.

(4) " BeXeiif. zy FHE FRERZ y = f(2?), P

y = f(a*),
z =0,

5% v FhBERE — A eSS MR R T AR N
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y = f(x*+2%);
xy VAR » = £ H]
= f(y*),
z =10,
2% x HHHERS — R O TE s i 1 A B DR
xr = f(y +).

A BT THT A B4 i 2k 8 Al A Rl e A B4 e % i 1t AR O LI L 1]

EDEG
12) 2R EMIRAE T2

(1) ek ﬁfﬁ+%=L
a
(2) Bunt 3L A %ﬂi’;—% = 1.
3 W RE L L 5 =1,
(4) 610y ifi :=“'%+§;-
5) WimgpE < =% — .
(6) WA -‘" + f —z— = 0.
a b c
13) FEHLEHFEROER
(1) Flalph£ny—asX 2K

F(Ivynz) - 09
H(;raygz) =0,

B 23 (6] 1 BH T A0 20 2R =5 (B BRI S BT RE A
r=¢t), vy =), 2 = w(t),

XH ¢ HBH
(2) 73 [A] ph 28 75 A b F N B LR
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14) © FHEMEAYIFEEL
WA S F(x,y,2) = 0.RE F Al (L 6.1,6) , 1
n= (F/ ,F,,FD)

KR S Ak ia i BRI S A A Po (s o 0200 BV T RE
Fl(P)(x—x0) + FL(P)(y—y.) + F.(Py)(z—z2,) = 0.
15) ZE KM YIE0EFE®
(1) A% ML

F(x,y,2) =0,
: H(r,y,z) =0,
PREC F, H AT 43, )
| = (F.,F,,F.) x (H, ,H, ,H.)
R gyl . fhek 8t & Po (2o yo 2 20) BIVIER RN

LT YTV BT Ro
m n P

XH man.p AWML D 5 P, B9YIm & 18 %L
(2) Z[a] £k I:
r=@)y y=¢t), z = w(t),
RO R o)
I = (@) ) (),
M2k I A9 81 (@Cre) s (10D sa(2,)) BIVIER TR R
=)  y—9Py)  z—w(ty)
) P T W)
(3) R I 5 D XS,
WD 50 S mYIm &S558 1L 5L 00 510
RN AE £ R

ishy, 0L <X,
6 — 2

T('——(l],b). %(I]Jg)ﬁ'n:.

S
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5.2 BRI SHBEM

5.1 EFTmEEa,biRTARGE.H

(1) |la+b|=|al|+]|b]; (2) |la+b|=|al|—|b];

(3) la+b|=|a—b|; 4 la+b|>la—b|;

(5) |la+b|<|a—b]|.

By (D YmE&abFmMHEE,H a+b|=|a|+]|b].

2) YmEa, bR, Hla|=b| B F latb|=|a|—
| b .

(3) Y a,bFEHMN.A |a+b|=|a—b|. FLL, LM
a,b HBNVERETL, W | a+b | 5 | a—b | 53 5IRAFETL K R A
L.

(4) HEBa,bWIANEAN A |at+b|>|a—b|. B L,

ma%gmﬂ,iﬁa,myeﬁam.o-<5<g.mu
la—b|*=|a|°+|b|*—2]|a]||b]| cosb,
la+b|?=|al’+|b|?+2|al|b]| cosb.
(5) it a,b B M AEMAMH la+b|<<|a—b|. (BH

[F(4))
#s5.2 BEHOA =(2,—3.6),08 =(—1,2,—2),[R0OC {i

Fr#OA 508 W¥adt, B | OF |=3v/42, K EROC fa
#7.
fRAT |O& |= V22 (=32 + 6. =1,
| 0B |= V(—D?F 27 +(—2)7 = 3,
WOC 70K 5OB mfaF514 b FFEIOC 53 OF + 1 OB Rz,
TR
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o -1+ B ) -4,

AT AR A = 63, FROC H44R K
oC = (—3,15,12).
# 5.3 &a,b,cEREB(imE,Hat+b+c=0,Kab+b-c
+c-a.
250
Ha+b+c=0,Ha,b,cEHANME,FrLla,b,c ¥ K

W1 BN = . B a,b) = (bye) = (c,a) — %m?%

a-b=1a||b|cos<a,b>=cos%x=__%,
. ) 2 1
bec=|b||c]|cos{bye) =cos=n=——,
3 2
cca=|c||a]cos{c,a =cos%n=—%,
filla-b+becteca=—-7.

Fl5.4 BEXH|al=13,|b|=19, |a+b|=24,K |a—b].

M HTF

la+b|*=(a+b)+(a+b)=|al|?+|b|°+2a-b,
Fr LA

2a+b=|a+b|*"—|a|*—|b|*= 24" —13" —19%,
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N
la—b!°"=(a—b)(a—b)=|al|?+|b|*—2a-b
=132 +19% — (247 —13° —19%)
=2(13% 4 19%) — 24* = 484,
FE |a—b|= 22

$15.5 a,bHIEZEHE, | b|=2,(ab = %ﬁ
lim Let+xb |—|al

=) a

fgth AE 1 HEHH
la+ab | = V(a+2b)+ (a+2b)

= V]a|?+2b|?+2x|a]||[b] cos (a.b)
= VialP+4x*+2z[al,

B LA
Fist — lim e "+ 4"+ 2 [a]—|a|
=t} T
= lim dr+2a|
= Val"+4+2x [a|+|a]|
:2_]il_ —_— 1-
2{al

; — limlatab|*—|al’
EL A= Taf b+ a D

(a+xb) » (a4 xb) —a+a

= lim 7 lalx
il cb+’beb __a-b

=0 2lalx la|
:Eb|C05<a,b>=2-cos% 1.

B15.6 Faxbec=2,Ra+b)+[(b+c)X(c+a)]
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By NHRERSEERNEEERE
FERxX=a+.(bxXec)+ars(bxa)t+a+(cXc)+a-(cxXa)+
be(bxXe)+bestbxXa)+bs(cXe)+be (cXa)
=(@axbh) ec+0+--4+0+(bxXec)ra=2@xb) «c=4.
B15.7 a.b.c HEEILAEERIA=AME EFEAEAF
B =B Ry ko by (1S
kiaxXb+kbx<c+ ke xa=0,
iRUF =W a X b,b X c.c X aitbig,
Y ARk £ 0,
ce (kiaXb+ kb Xc+kiecXa)
=k La.bsc] +ky[bscyc]+ki[crc.a)
=k [a.,b,c] =0,
Fillla,b,c] = 0, itk =) & a.,b,c LA, d1k3 a X b,b X c,c X a
L A e TR AR (B 5
$%]5.8 CHI=HAQ,0,2),B(2,1,-1),C00,2,1), K=/
ABC #yimi F. '
@y A=0a,-2,0,B=2,—-1,-2), FR=/AFABC
FIEFR S R

S = ; |6I><'(%|=% | (5.4,3) |=%\/5o.

@J 5-9 E%ﬂm,ﬁ A(lyOQZ)QB(Zvly _l)QC(ngql)gD(lqlq

— 1), R UK ABCD #{& .
@i CA=a,—2,D),(B=(2,—1,—2),CD=(1,—1,
—2),

1 —2 1 1 — ]

[CA.CB,CD]=12 —1 —2/=|2 —1 —2
1 —1 —2 —1 0 0
—2 1

9,

1 -2
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FRUICA,CB,CD ki ik A

V:%1Kﬁﬁiﬁﬁizg.
#5.10 F—FmEEdFEE S 6,—3.2), H5 ¥ 4xr—y+
2z = 8 FH , KM Vi 7 72
ME 086, —3.2) K P,WOP = (6, —3,2), Fif] 4r —
y42z = 8 R R 0y = (4, —1,2) , iRFTR PR SRR n,
Wn | OP.n | n,FFLA
n=0P xn = (6,—3,2) X (4, —1,2) =—2(2,2—3),
TR VEA TN
2(x—0)+2(y—0) —3(z—0) =0,
Bl 2x + 2y — 32 = 0,
#5111 KS5VHE > —2y+42 = 2 %47, HIEE R 3 fFm N
.
M RACRFEmE EEh SRR (r,y,2) s BT A (2, y.2)
Bl — 2y +42—2 = 0 IBE N
d = | x—2y+42—2 | ~ 3
VI (=2) 4
AR B S oK V- R A
r—2y+4z =243 /21,

BIs.12 RBIEZL: 5 = 2 — S e kg

2 -1 1
T 3 a9 B R

B HZL#@SAP,Q0,—D . HEymmgRl=(2,—1,
D R AL P(r,y,2) W& PRIERL MWES%ST 3, T2
| PPxi|=3{1|.hF|1|=16,
| PP xl|=VFz+Di+(z—22—372 +(x+2y— 1),
FRFTR AR R R
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(y+z+ D24+ (x—22—3)*+ (x—2y—1)* = 54,
#1513 RZFHFEW 2 +5y+2z2=05xr—2+4=0H%

R H5FH 2 — 4y — 82 +12 = 0 W fi k5 WFE I,

2 T Z IV AT s LR AT Wik
r+5y+z4+A(x—=z2z+4) =0, (1)
Hukmg e = (14+1,5,1—2),FH x—4y—8z+12 = 0 {3

BHhn =, —4,—8), 1 F(n.m) = —I—,Fﬁu

nem_ _ 14+A—20—8(1—A)

Inflm |l /OFEDTF57+0—-N7% « VIEF(—4)?ZF (—8)°
_ . _ 2
= cos - =, (2)

Hif A =— 2 R REBFTRTE B
xr+ 20y + 7z = 12.
BFE x — 2+ 4 = 0 WRFHKRK-FH.

75} b] (]
5. 14 RER &z b, Caw WRk, HI R B 2R
i bs o
r—a _ y—b _ z—a 5 XTa _ y—b _z—q
az —ds bg_b3 Cy — C3 al—az_b]—bz Cy —C2

I KA.

T XERAKUEAB ST T LA RS S

B Pr(a) by 5¢1) s Py(as vby 2¢2) s Py (as by 4c5) 0P = @, =
(@141 5¢1)s0P% = @y = (@ +b2+¢2),0P3 = a5 = (asybsscs) s B T
i)



214 5 TEBNIT

a) b] (8] a,
A= s bz Co | = |@>»
3 by oo 3

Ik = 3. LA 2 a1, a0 va RPETESC, TR =101 a) .0, .0, AL
i, H AT 18 =& Py. P, Py RIER (B = SREER — B2 ).
MR —RELE A Py, el i A PPy 5 R HEL R

______ -

Py, Ji i B P, Py XA S TN =IE P P, P M TR Py, Py 53

W R EREER =8 PP, Py RS 54 AR T,
= P, Py P, REL, (AP O.P,,P,, P, 3 45118 56 B R
Wik
| BIS. 15  —BIMTEF I T: 20—y +32 4 B

— 11 b fESE A A A2, — D, \ /
B(—2,1,3), SIS A RY— R R FEH <
AP AR SEEASE A Bk A P i /.Q > /
fir . ,

WA REALTEET 20—y 13:= |/
11 AORERR A4 A, 4 A, B B2 A, B 5V i

IR P BUONFTR AL i AVA EZ 5. 1
=H
.r—l_v—Z__:+1
2 -1 3

RSB = 1420,y =2 —t,2 = 1+ 3t ALAEI T HH
BRI ¢ = 1. F 2 HER AA) 501 T35 Q AR A Q(3,1,
2) H s Ay ARRR R A (5.0.5), HER A\ B HTEN

r—5 _y—0_z—5

—2—-5 1-0 3-5"

Bl o — 5 — Tty =ty = 5— 20 S AT T E SR — %.:F%
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Bik & P st P (5205,

B15.16 RKifs A1,2.1) HE5MAEL
r—2y—=z+1=0, 20—y+2=0,
L]:{J‘—yy—}—:——l-'—o, JL2.|
FRAHAC A ELEE T /2.
By Ak 1l HZL s PiC0,0,D), FmmE &R
L=0,—2,—1x1,—1,1) = (=3, —2,1).
B2 L, 185 000,0,0) , 77 [ ) &t K
L =(2,—-1.1)x{,—1,—1) = (2,3, —1).
WHCREHZ L Frm sl = (man, p) T L 5L, M2, 8=
/& 1,1, AP, 3t , B 1A

wro
—

lr—y—2=0,

m n p

—3 —2 1|=o0,
—1 =2 0
Ep
Zm—n+4p = 0, (D
B3, i L 5L, %, =m& 1.1, 04 3t . FiLd
m n j2
2 3 —1|=0,
1 2 1
B
Sm—3n+p=0. (2)
BAICD, (2) i3] = 15 = Ly FRIR HLITR Y
z—1 y—2 _ =z—1
11 18 -1

FE D @dHZ L FEETBRRY
r—2y—z+14A(x—y+2—1) =0,
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B A2, D MABRALRBA="3,FTEdHELXL MEAK
FETEA
2r—y+4z—4=0.
it BE L, M FER TR R
2r—y+z4+mlr—y—2) =0,

HAALL2, D BAFRAS « = o FRIEER L, FE A KV E

HEA
Sxr—3y+z=0.
HTETK ELRTE R
{21-—3;—{-42— =0,
Sxr—3y+z=0.
$15.17 K@ R (—1,0,4), HPFTTFM 3xr — 4y + 2 —

10 =0, R HRTT = Y79 = 2 s HA R,

My AE 1l EEARNGLL0,4),FHEI:3x—4y+2—

10 =0 B R N n = (3,—4,1),E%L=I—§—1 = %3 = % it A

P(—1,3,0), KR I = (3,1,2). @R EZL L, Wi i,
l“1 = (mﬂ’hp)vlﬂ“ Il J_ﬂsﬁ}fu

3dm—A4n+p = 0. (1)
X L 5 LA U= & L, 1L,AP 3, 8
m n p
31 2 |=0,
0 3 —4
Hp
—10m+ 12n+9p = 0. (2)

BF)(1),(2) 8
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m_n__p
48 37 T 47
FRUTK LK TR
xz+1_ y _z—4
48 37 4 -

ik 0 b AETE P4 TFE LW I #7578
x+ 1D —4(y—0) +(z—4) =0,
B
3xr—dy+4+=z—1=0,
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v tay + Py = v(x+2)

HHER y(2) = e + 1 —2* — 62,3K o, B, 7, I KL BRI
g TR EAEAEN
y=Ciy(2) +Coy(x) + y, (),
XH 1 (2,3 () B HF R RBEEABA, v, () BFEFE
) — 5, HIE AW Ar + B 2 (Ax + B) , ] H
y@) =e +1—a(z+6) = Qy () + Cy, () + 30 (2),
XBCQ5C REENEEER X6 el
ywix) =¢e, ywx)=1, y(x) =z(—x—6),
FRA=1,0RHER,a=— (140 =—1,=1+0=0,% y,(x) =
2(—x—6) =— 2 —bx fRAJEF 18
—2—(=2x—6) = ¥x+2),

Ly = 2,Bla =—1,= 0,y = 2, HE HEHER Y

y=Ce +C,—x" —6ba.

B110.21 @HE Y+ ]ie
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By AEIL Ay =ully=d,FEHELN

N FH—BrgetE T R iR UG
w=elo(C+ ]+ Lodedr)= e (G +| —edr)
=e“(C,+1In(1+e")).

TR
y’ =Cie*+e“In(l+4+¢e"),
Raig
Y= C;Je‘fdx+Je'Iln (14 e)dr+G,
=—C;e‘1—Jln(l+e’)d(e‘1)+C2
= — 1 g x e’
= —C,e e*ln(l+e )+J.1+e*dx+C2
=—Ce*—eInll+e)+x—In(14+e) 4G,
FRE TR EE N

yv=0Ce*"+C+x—(e*+1In(1+¢%).

E AR ERBENE TR BHTIEFKIT (o R
LA TR = AR AR, MO 1 BER %K —
BT FHBE M 1R A

kL NHAESES S FFEFERN A+ = 0,45 ER K
A=0, =1, R MFRTBARAME i (2) =1,y,(z2) =e 7,
Ly =C () +Co(x)e =, MG

{C{ (D +C()e* =0,

: |

C1(.T)'O (/g(x)e _1—+—EI’
P ’ 1 v Ny — e p
G =G = [ o e
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Ci(x) = 1+_[1‘|;j_ied‘r‘*c|+r-—ln(l+e)e

Coy =G| Hdr = G —In (e,
TR E 7 PR W E % N

v=0C4Ce* +r—0+eDIn1+e).
B 10.22  EEE y = y(2) fE(—co, +o0) FHA M T,
Hy #0x=x(» B y= y) BREE
(1) i&¥F x = x(y) BT LB 718
d’x . dry?
@—}—(y—l—smx)(a;) =0
AR vy = y(o) RN R
(2) RABUR RIS IR KA 3(0) = 0,5 (0) = o,

BH (D th =ﬁ—,rﬂmﬁyi?ﬂ%

&z _ dy 1 d_.zﬁ'__ Vi) 1 ¥
dy? d.r(y’u))dy_ V() Y @'
— BRI
V' (x) — y(x) = sin . @)

(2) FFIEFFE R AT — 1 = 0 4FE(H M A =+ 1, FFLI R R E R
y(x) =Ce +Coe .
WHFE BN v = Acos v+ Bsin z . /LA (1) K3k A = 0,

B—_ %ﬁk 3 :—%sinx,—}'%(l) (3 it o

yx) =Cie" +Coe ™ -—ésin Z.

H y(0) =0,y (0) = %,f% C =1,C =— 1, FRFCRE® N

yv(xr) =e" —e " — —1—sin x.

2
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%110.23  MAZ#H 2 = Int TR
Ve =Dy —2e"y =& (D
i RBEAETT AR IR IR R E .
R x=Intlft =e",
dy _dvde _ dy..

dr ~ dr dr  dr
Ey— et 4+ Ry = Ly 4 Do,
AR IR 15
&y dy 5 _
_ a2 T 2y =t 2
W B RBERME R AR TR N
AP A—2=0,

BAGA =1, — 2, A RRECH vy = Cie +Coe. S8 y(1) =
At +B AR ATTRR(2) AT A =—%,B — %,ﬁiiﬁ‘%fﬁ MO

_%;_—i—ﬁ%ﬁﬁ@) F) 378 A g

y=0Ce+4+C ehz"_—;—r——l—

4
VRIS J5 77 7% )38 1 Ay
1

y = Ciexp(e”) + Cyexp(— 2¢e*) ——;—er —7

$110.24 RHE Y+ +y =22 HREVBEFRME (D) =
1,y (1) = 0 5%,
dz

BH RRBTR. 4 c = ¢ D=9,17 = 4

ry =Dy, x*y =D(D— Dy,
AT AT R D + Dy = 2 FFHEHTER A +1 = 0 454 R
A =41, AT LASR R BCH
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y = C,cost+ C,sint.
THUOREE. 4 v(0) = Ae' SRA T BTG 2Ae’ = 2¢ B A = 1,
FCo) =< FRIEMH
yv=Cicost+Cysint + €',
I R Y E A
y = Cicos (Inx) + Cysin (In x) + x.
oy = 1TRABC 4 1=1LKC =0:XHy (D =04

y = Cycos (Inx) » l_+_1,
va
BC+1 =04 C —— LTRITKIMH

vy =—sin (Inx) + .
B 10.25  HAYHHE v, — ¢ 7y = 22€, y; = 3" B3 A &
BT IR Iy PR 2 ( ).
Ay =y =3 +y=0 By +y—y—y=0
(C) y"—6y"+11y —6y =0 (D) ¥y =2y —y' +2y=0
T Ny = e .y, = 2zxe ™ BAH.BA =—1 B
FROE T R AR I yy = 3e” R4 M A = 1 RAFIE IR A AR,
TREFEFE R
A4+1D*A—1) =242 —-21—1=0,
B LAROR IR PR REGFIR TR R
Y4y -y —y=o0,
R (B) A7
B 10.26  SRYE - BURIRE E R B EF R R, #E
LA e* N—F5ff . X0 ) - K BB HE i 2 e s xsin o, IEB %
2 1138 figt.
B PR F R A BRE M x. e, osin 1, 3% 7 00 1A%
METT A FEIEAR
A=0,0,—1,4+1, +1i,
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HELEIE BRI QA+ DA+ 1?2 =0, BIF18
AT AT 240° 24 A% A7 = 0,
ORI B B B A A R B ST IR R
7Y 2y 42y 4y 4y = fa),
Hrreft o FRATS £ () = 8¢, HFTR A RRMEM A
yv=0C +Car+Cie*+(C; +Csx)cos xr+ (Cs +Cox)sin r+ ¢,

9'] 10. 27 ﬁ#ﬁﬁéﬂrr =—2v+e,
ly =x+2y+e.
B B -APIRIE S =—2y ¢ N HEF R
=27 +2r =—¢ —2¢. (1)

FFIEHRR A — 2442 =045 EM N A =1 L1, FRLREH
x = e (Cycost+ Cssint),

UCRIFE R B8R,

- 1 L -
T = P 2( e —2e™")
—1 ' 2 —t

242 (—“Di+yzy2°
2
=g — e .,
]

TR WidER

=€ (Cycost+ Cosint) —e' — 26".

5
HFy= %(e —2'), L

y = —l-e‘ ——*]—e’((Cl +Co)ecost+ (Co —Cy)sint)+ --]—e’ — ie".
2 2 2 5

_ef((’l —;__Czcosf | C, E‘CI

sin ()+ e — -ée_’.
TR R pE R
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{ . . . 2
v = e (Cicost+Cosint) —e — ¢,
| 5

<

e ((Cy+Ceost +(C; —C)sint )+ e — %e".

lv:—i

l 2
% 10.28 iR f(o) R WEER 2oy H (e +y) =
() < f() H £ = 1. £7(0) = 2, iR iR%L f(0) HRBIMD T
LIk F(ao.
fRtr HSROE LA
flaty) = f(x) _ o D) —1)
Yy =0 y

=) lim L =LO _ sy 70y = 20

() = llirr(}

TR SO R TER = 29,3(0) = 15 BAREMS 5

= Ce* il 3(0) = 1 fRATS y = o MFRRIREH f(2) = e,
B 10.29  WEH () TR0 = LR XLER

‘ _ SO+

KRB £ (o) R R85 J7 R TR eR % £ ().
By RSy =018
f(x) — () f0) = flx) + f(O),
LA () =08 f(2) = 0. 1 F f(2) =08t £7(0) =0 "G
BELALL £(0) = 0. FEbR
4y — a4+ () f(y) = f()+ f(y),

= JFD LD LD =TSO (p) fa+ 3 +1),

:»limf(““l;_f(-” — im £ ); O ) flat+1).

=i

=f'(x) = f (O (f D) +1)= 14 F (1),
TR () RN TN
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vy =143, y(0) =0,
XA R SRR AR
arctan y = &+ C
H y(0) = 013 C = 0, Fr AR ef $0CH
f(x) = tan .

B110.30 XTI L BRSSP,y 1HA OP | QRN
A 10. D PR L 5 P WMYUIZ, PQ #EH T o i, 30 L 3@ o5
(1,2) 2K L 9 7 F.

M IRIME TR vy = vy, M) A
2 PR MR
Y—y=1v(X—2), P
PRI A R B9 AR R (0, y — a2y ") HER QR Y
BEWE =122 0P lRFEN ke = 2, ‘
’ _ Ol O(x,0) X
HQR | OP,#&
£ Yy
AR Gk
dy 2_ 2
d.‘r - Iy ?
Ly =au, TN
udu :_—Q!
a

Blores
W =C—2In| x|
HTr=18fy=2,u=2.RALRBC=4, FRIKMZ TEN
v = 2" (4 —Inz?).
B 10.31  HEEP A A0,1),B(1,0) f— &gk, T
AB W) 757 P(x, y) AR HAE—&, C A 55% AP 2 |6 §9TH 2



10.2 SREYIRASIRARAT 389

B 2R lh 4 7

M T AR LR AT
L PLMBAP (i F%AP FH.AEPC | 2
BhcaniE 10.2), W OCPA /Y 1E R

A
La 4 9 MR 5% AP 2R /

ijd.r—ix(l +y) =23,
. 3
Mt xR 15

! 1 ].
— _—— 10. 2
v y 6x &3]

I T RE 38
y= e.HEL’ (C—f(ﬁx —{—%)e‘ﬁ‘i"d_r)

:I(c—j(sjué)dl): Cr —62° +1,

HT y(0) = 1,5(1) = 0, kT E W C = 5, Rtz
y=5xr—6x" + 1.

B110.32  7f xy FHEIAE —RBRR—ME L T4 P
REIVIZ  « h, SEE OP B = SRR R b 3 % b, B 428 i
AL,

MRAT B P AR R (o) IR R y = v(2), L
TES P VIR TR N

Y—y=y(X—2),

B x AR Q WA (1 — 5.0), ZHIA OPQ BTRY
i(:r“‘\if)y =k,

2 y

WA K TF » ) —Br gt 2
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o7 FH i g A SR 1%
T = e“d“([‘—ZkJ ;}158 J_];dvdy)

=_v(C--- 21@[ :\jl,-,dy)= Cy + f_:’

RPMESRM y(1) = 1.0[&EH C =1 -k, TRITRMLEL N
ay = (1 —k)y* +k,
B110.33  {EE—RRANK TRk, (FH AR — sin
BRI T X — A ELAN T2 S SRR LB K FAT.
AT TEHIZ v = (o) By B TTRN

Yﬂyz—jdX~rL
AY =01 X,=x+ '  TRES o B EHRITRR (x4 vy 0) &
& (roy) BIBEE RV VT VY R R R, i EE
foy 3
k= (ﬁl_%zz Vi Yy,
L 1%
2yy" =14y,
4y =y = u G4 MRA BT

2udu __ dy

1+ v’

Horis
In(14+u)=In|y|+In| C |,

WA wu=+JCy—1.]1
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B3RS 7 #E R
HCiv—1) = Ci(xz+C)7,

B110.34 R y = f(o) FAIREAR A, 2) 1R, B
Qo) ] . LM LR AR G E AR B 8 ATk, B b — 5%
FATET o Bl Bth £ B R RUE B T AR 36 1 50 — R ATER S o Hil B th
LR F EIE Ry A 3 4% ORI y = f().

MM B ATREC - S AR N (o, y) . RS

firt
0 -

j:f(.r)dx — 3J' £ (y)dy,
XHr=f"(y)By=f(x) ¥ XWX« kS8

fx) =3f(x) « £ (f(2))=3zf "(2). (D
43 B A RS '
3df(r) _ dr
f(o z°
B
f(x) = VCr.

MT f(0) =0,f(1) = 2, LA LT8G C = 8, 5k ith2k K
y= f(x) =2z

WE D) Wl TR EL RS S M (e, y) X g
T R TE BT AR oy R 7S

. X 3 N
|nj(;r)dr = rf (),
WA xR 518 '
) = —31 FC) +2f ()

i Bp 1%
3zf () = f(2).
B 10.35  PREL f(2) 7E[0, +o0) FA[ &, f(0) = 1, Hi# B
FR
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f’<x)—~f(_r>—;~j-;—i£f(z)dz= 0,
(1) SREH £/ ()5
(2) IEA: Y x = 0 B, Z A FER e < flo) < L.
@y () R

(r4+Df (@) + @+ DfF(D) —Jrf"(t)dt =0,
[

Bt 2 k518 () R BRI R
(r+Df(x) =— (x+2) f'(2).
FHREB A u = f/ (&) UG o] 4y B A B i 2

du __x+2
dr x+17
g
" . - Ce—.r
f (I)_“_:r—i—l'
H A0 =18 f 0+ £0)=0,Hf(0) =—1, AT C=—1, it
.7 . e’
f () = ST
PR ERA (2).

FHiEL Hr=omt, @) <08 () BFEREL, X £(0) =
1. flr A
flo) < f(0) = 1.
W e(r) = f(x) —e U e0) = 0,
T,
P L
M= 00, ¢ (x) = 0.8 () BiER I, & i
) elx) = ¢(0) = 0.B0F Ff(x) =e™.
ZiERNR Y x = 0 B BT AR e < flo) < 1.
FiENT H©F

()= f(z)+e" =
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rf"(f)dx = f(x) — f(0) = f(x) —1.
A

—t

. . r e
fla) = 1—J“ S
HEEFY r =00,

0 < [: ; :: ]dr < L e'dt=1—e",

A i |
e < flr) < 1.
B 10.36 K2 TR
j f(Odt = I+J';:f(x—z)dz
B A PR B (2.
B AR S = w0 EE N
J’;f(r)dt = .1‘—|—J:(I—u)f(u)du.
BXT x ok S5
flr) = 1+ff(u)du.
H £0) =1, XX 2 KBH f () = (o) HILTFT##1E f(0) =
Ce' . Hi1 £(0) = 1 0[5 C = 1. BT LUFFRRECH f(2) = e
B110.37  BERREL S0 TBIELA S, £(0) =0.f"(0)=2,H
{ifi it 2 B4
Jiyf(.r)d.r + (f () —2)dy

SRR T KRB £ (o).
BT T P(r.y) = 3/ (0),Q(r.y) = f'(2) — 1 N4
SrERETG  HREEAMRE Q = P, RIS
f(x) — f(x) = 32°. (D
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FEIE RN AT — 1 = 04 IFMN A =+ 1R LA pRECH
flr) = Ce +Ce,
YR ITR(D wﬁﬁﬁé

f:r} —3at = 31D

= —31° —6.

PR AR (D) I % A
f(x) = Ce +Cre — 32" —6.

T f(0) =0,/ =2.86C +C =6,C, —C, = 2, %1%
(?1 =4.(.'_-; - ZT%FEIRE]{]III&%J

f(x) = 4e" + 2" — 32" —86,

51 10.38 X T E] 2 > 0 AL RGN A n B A i E S,
A
j{f.rf(;r)dydz —xy f(r)dzdr — e¥zdxrdy = 0,

Et@m%ﬂziu){ﬂo + o) WEAESR — B S8 B lim () =

/}(f(.l)
Ry AR A EA G

= ﬁ-xf(l‘)dvd“ — v f(r)dzdxr — e zdxdy

—+_m (xf () + f(2) — z2f (x) — e ) dv,

Hr PVﬂ‘Jb %]E‘ZH’J%T?FWF@L AT o] #h T S f3 ) BEAE e SMI AT
B 5 4 A ey h i S w3k ] B AE ) AT, B —" 5 i SBTE
T

xf (o) + flr) —xf(x) —e =0, x>0,
1}

() + ( i - l)f‘(r? = %ez". x>0,
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fle— WY R VE R 77 O R i 2 5 A
fior = sl [ L o dvwar 4]

;S{fl@.xgﬂr+d:e%@+cx
x u N

i F lim £ () = n(éq%M}:Lﬁ%ﬁmM&ﬁHk)sz
0L T =i . i
C l—UMﬁ(:—lT%

() = S(e"— D).

B10.39  FEWRAKIKEN V) GEHEABIA N &S5 A )
KRR AP & A KK B o 60K
ELA1 1999 4EIRMITT A (3 % Smo . 83 MAHUE SR h T i I
5% 2000 4R SR HEA BRI & ATS KK R BT [

BEATLTEZVE GATEREY A NESERE m, U7 &
K A BB RIS 5180

BEAT SR RN IR, A A T O R IR R A
ff SR A T, M 2000 £ (A IKET ¢ = 0) JF R, IRBTZ) ¢ CRAZAE) B
iR E Ry A ﬁ@;‘éﬁﬂam-mlﬁiﬂj-"—”'},mﬂﬁﬂii‘ﬁll‘ﬁlﬁ[r.wdr] H,

HEABIH S A B8N

Mo Vg = Mg

vV 6 6
AR K A B E R

m V m

—‘7 . Edt = 'gdf;

PR 177 2 o e ) ) B P S8 T S e A B E i

dm = (ﬂé —fg)dr_.
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FH o 5 A ARG
o Ce T,

m="2
2

RABERLEm | = 5m 18 C=— Tm, F R

m:m?“(1+9e—é),

Lom=m .18

t = 6ln 3,
BIEZH 20t 6ln 3 74, AT 552 A & BERE m,
LA,

WiE  ABEHMEGTERSS PEAZKP A RHKERYS)
. K75 e & i om B R R r ESER L A WA Fak i,
Wy R 3 ek

W n FRGEREMANTEN 2, W 20 = 5my,

= 2 (2 %): 0. 75, -+ 0. 125mq »
FROIEEITEH x, = 3.875m0 .25 = 3.031mg 23 = 2. 398m, »
xy =1.924my yx; = 1. 568my x5 = 1. 301my a7 = 1. 101my v =
0. 951m BT DA% 8 G-3K 75 eyt & B nl ihbr, FEE my LA,

B 10.40 MM b g b TURCE MR I RS R IR TR . F o
TEAXEEN) FUURE OB F B 5 FUiEE v 2 66 R %
FORNERAEE BEHT , W@t 88 1L R R UL 7 F it
iR A Z BB AR S PR, BANES G R m, AR B g
IKLCE R 0 AUZRPTZBIBH - 5 F UL ERIE . He B R 80 R k(k >
0. IR x5 v i 2R R IR REOEER » = 2(v).

BRAT XEMY HRRM N L B AR R K T
B i R 5 .

WO S HNFE S OO BEMER F AL E SR mg 0T
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F1H — Be B — k’U——k m'JEE'ﬁF@% SEHRTG
m%zmg—ﬁo—kv.

AR, 450 = 0 ST = o U RA B8 0 550 ZRIRIBON T

j—r=mg Bo — kv,

oy AR Y
. mu
dr _m—g—Bp—k-vdU'
i
J‘=—§v—migjo—)]n (mg — Bo—kv) +C,
kUL SL Y = 0
=0
C= Mgk.z_—&ﬂln (mg — Bo),

BT SR 1 R B R

M m(mg — BO) L g —Bo— kv

-k k? mg —Bo

B110. 41 JFE N m BB LIYIE v, B M A RS, R
7 SBTR 2 S5 A3 B 7 E L, FE B R BN &, B N g
g R EU R SR 5 A B e SRR MRS (B ().

BT EARRRR .o BT E N b MR IR TR B A i
L T R T SR ) R

m (3;2 =g ——k(%)z.

t.r(O) =0, 27(0) = .
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29T BN m T = mg — ko SRS

di
\/garctan( infqv): C, —t,

mvm>—m7m¢r»—Jémmeﬁiw)@wﬁLﬁﬁﬁw
v = O PRI A 1 i 5 5 2 1

T = C = \/garctan(\/%m).

LR Es|
-
Boris

=2 cos[: ;‘ég-(cl —Z)]—i_(:‘g,
k m .

 2(0) = 0, C; =— Zincos(, 2, ) B4« = Tarigam
Bk RS SR

— ) —— M cos k)=
h = C, % In (:()&»[arctan(,\/mgy0 2kln(l + Un)

B 10.42 —FBALIEE v, = 200m/s T —JE B 10cm
W REFET . LABE v = 80m/s 85 TFAR , IR F i FIFH /7 518
B B 7 77 BE LY, 3K 58 58 2 Al BT 7 R T
BT AE D ' REHHE N =0/t x0) =0,
2'(0) = v, = 200. W TG BT R ¢, W =2, BF 2" (1)) =
80,x(2;) = 0. 1. ¥4 I5 —E @
mx” =—k(x)?, (D
XEm B FHAER L RHER S =0 7=, EVIFEIH
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dv _ >
n d[ = n&."U -
AR RS
I i - £f+C19
ke m
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d k, 1
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i B8 v R K i 1 A 18
ot (Ol Letrde) e Cetr Lo m
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T — 0t 2 — 0 fRA LR C = 50 2 FRA
_om ok
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m' '~ 80 200  400°
1(3) ., (4) Pt JBHER T MG BPTmRTI 1 W

3 51"
f = m(lni) A 0. 00082(s).
Firk I BERFEFED JEFRE AR,
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&2 = ol = v PRA LS
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v m
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ﬂﬁ}ﬁ%vzcle_i"”,ﬁi[:fzrzoﬂd‘vz vy = 200, = 0.1 B} v =
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BT ERNE

..__1__ 10in2. 50
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1

HTFt=08fxr=0fCLALXBC = m,ﬂ:ﬁ
. ]- 10¢In 2, 5
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3

t

1 = W =~ 0. 00082(5).
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